
Journal of Geophysical Research: Space Physics

Kinetic Alfvén waves in three-dimensional
magnetic reconnection

Ji Liang1,2, Yu Lin2, Jay R. Johnson3, Xueyi Wang2, and Zheng-Xiong Wang1

1Key Laboratory of Materials Modification by Beams of the Ministry of Education, School of Physics and Optoelectronic
Technology, Dalian University of Technology, Dalian, China, 2Physics Department, Auburn University, Auburn, Alabama,
USA, 3Princeton Plasma Physics Laboratory, Princeton, New Jersey, USA

Abstract Alfvénic waves are believed to be fundamentally important in magnetic reconnection. Kinetic
dynamics of particles can break the Alfvén speed limit in the evolution and propagation of perturbations
during reconnection. In this paper, the generation and signatures of kinetic Alfvén waves (KAWs) associated
with magnetic reconnection in a current sheet is investigated using a three-dimensional (3-D) hybrid code
under a zero or finite guide field. In order to understand the wave structures in the general cases of multiple
X line reconnection, cases with a single X line of various lengths are examined. The KAWs are identified
using the wave dispersion relation, electromagnetic polarization relations, as well as spectral analysis. In the
cases in which the X line is so long to extend through the entire simulation domain in the current direction,
quasi 2-D configurations of reconnection are developed behind a leading flux/plasma bulge. KAWs with
perpendicular wave number k⟂𝜌i ∼ 1 (with 𝜌i being the ion Larmor radius) are found throughout
the transient plasma bulge region and propagate outward along magnetic field lines with a slightly
super-Alfvénic velocity. These KAWs are generated from the X line and coexist with the whistler structure
of the ion diffusion region under a small guide field. In the cases in which the X line has a finite length
2𝜉 ∼ 10di, with 𝜉 being the half length of the X line and di the ion inertial length, the KAWs originated from
the X line are of 3-D nature. Under a finite guide field, KAWs propagate along the oblique magnetic field lines
into the unperturbed regions in the current direction, carrying parallel electric field and Poynting fluxes.
The critical X line length for the generation of 3-D-like structures is found to be 2𝜉c ≤ 30di. The structure,
propagation, energy, spectrum, and damping of the KAWs are examined. Dependence of the structure of
KAWs on the guide field is also investigated.

1. Introduction

Magnetic reconnection is a fundamental plasma process in space and laboratory plasmas. The reconnection
process leads to topology change of magnetic field lines and a simultaneous release of magnetic energy and
is believed to play key roles in plasma heating and acceleration [Biskamp, 2000; Yamada et al., 2010]. Magnetic
reconnection takes place in a current sheet where magnetic field lines have an antiparallel component, such as
at the Earth’s magnetopause and in the magnetotail plasma sheet. During geomagnetic substorms, tail recon-
nection onset have been observed at a distance of 15–30 RE down tail [Nakai and Kamide, 2004; Angelopoulos
et al., 2008]. In solar flares, hard X-rays generated as energetic particles striking onto the solar surface exhibit
features of fast reconnection [Miller et al., 1997; Parker, 1957; Cassak and Shay, 2012]. Magnetic reconnection
is usually observed to accompany various plasma waves and turbulence on a broad spatial and temporal
scale [Kivelson and Russell, 1995; Onsager et al., 2001; Lottermoser and Scholer, 1999; La Belle-Hamer et al., 1988;
Lin and Xie, 1997; Keiling, 2009]. Understanding the consequence of magnetic reconnection is fundamentally
important to the understanding of space plasma transport.

Previous studies on the solar flares and substorms based on MHD schemes show that perturbations generated
from magnetic reconnection propagate with velocities slower than the background Alfvén speed [Birn et al.,
1999; Linton and Longcope, 2006; Birn and Priest, 2007; Nishida et al., 2013]. In an attempt to understand the
relationship between tail reconnection and substorms, observations show that aurora may occur on the time
scale faster than that for perturbations to reach the ionosphere from X lines assuming a travel time based
on the Alfvén velocity profile [Gekelman, 1999]. Nevertheless, a reasonable breakup of the Alfvén speed limit
exists in the kinetic regime of Alfvén dynamics, when the perpendicular wavelength is comparable with the
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ion Larmor radius. In this regime, k⟂𝜌i ∼ 1, where k⟂ is the perpendicular wave number and 𝜌i is the ion Larmor
radius, Alfvén waves become kinetic Alfvén waves (KAWs). Therefore, a more complete picture of Alfvénic
fluctuations generated in the reconnection process should include ion kinetic effects.

Hybrid simulations, in which ions are treated as fully kinetic particles whereas electrons are regarded as a
massless fluid, have been performed for magnetic reconnection [Fujimoto and Nakamura, 1994; Nakamura and
Fujimoto, 1998; Swift, 1995; Xie and Lin, 2000; Lin, 2001]. Lin and Lee [1995] have performed a one-dimensional
(1-D) hybrid simulation of the Riemann problem associated with the magnetotail reconnection layer. It is
found that for a current sheet with a finite guide field, two rotational discontinuities [Landau et al., 1961],
or large-amplitude Alfvén waves, are present in the reconnection layer. Large-scale two-dimensional (2-D)
hybrid simulations have been carried out to examine the ion kinetic physics in the magnetotail reconnection
[Krauss-Varban and Omidi, 1995; Lin and Swift, 1996; Lottermoser et al., 1998]. Krauss-Varban and Omidi [1995]
have pointed out that ions are heated through thin transition layers attached to the X point, while the recon-
nection evolves into the Petschek features after transient plasmoids. In the 2-D simulation of Lin and Swift
[1996] for the distant magnetotail reconnection, it is found that there exist mainly two types of configurations
in a reconnection, a leading bulge/plasmoid and a quasi-steady reconnection layer. Without a guide field, two
pairs of slow shocks are dominant in the quasi-steady reconnection layer. In the presence of a finite guide field,
this layer is dominated by two rotational discontinuities. Lottermoser et al. [1998] have discovered an unstable
thin current sheet associated with a postplasmoid plasma sheet associated with the near-Earth reconnection.

Propagations of the reconnection signatures and the associated energy are examined by a 2-D particle-in-cell
(PIC) simulation [Shay et al., 2011]. Comparisons with observations have shown the existence of a KAW-like
structure, which is super-Alfvénic and associated with a substantial Poynting flux located near the separatri-
ces of reconnection field configuration. The Cluster observation of Chaston et al. [2009] have reported that
KAWs may play an important role in facilitating magnetic reconnection. These KAWs have been found to radi-
ate away from the reconnection diffusion region, carrying significant energy. Based on satellite observations
by Time History of Events and Macroscale Interactions during Substorms (THEMIS)-D, Øieroset et al. [2014]
have found that the low-frequency waves below 20 Hz in the flux rope core are characterized as KAWs during
a subsolar magnetopause reconnection. Many observations have also indicated that intense electromagnetic
Alfvénic fluctuations/KAWs can be generated near the tail plasma sheet boundary and near fast flows, carry-
ing sufficient Poynting flux flowing toward the ionosphere to power low-altitude auroral acceleration [Wygant
et al., 2000; Angelopoulos et al., 2002; Keiling et al., 2005; Takada et al., 2005; Chaston et al., 2012]. The propaga-
tion of these waves and how they can accelerate electrons that are trapped in the wave potential have also
been modeled [Watt and Rankin, 2009; Damiano et al., 2015]. The detailed physics of generation and structure
of KAWs in reconnection, however, is still poorly understood, and KAWs in three-dimensional (3-D) recon-
nection has not been studied. In this paper, we examine the properties of Alfvénic waves, especially KAWs,
in the general 3-D reconnection using a 3-D hybrid model. A similar model has also been used to study the
wave-particle processes associated with KAWs at the magnetopause [Lin et al., 2010, 2012].

The basic properties of KAW are described below. The dispersion relation of KAWs can be expressed as
𝜔2 = k2
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except pure kinetic effects such as Landau damping [Johnson and Cheng, 1997]. The Alfvénic waves possess
transverse polarizations in electric and magnetic field. The electromagnetic polarization relation of KAWs can
then be written as |𝛿E⟂∕𝛿B⟂| = VA(1 + k2
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the direction of k⟂; 𝛿B⟂ is the perturbed magnetic field, which is perpendicular to both k⟂ and the background
magnetic field; and 𝜌s = (Te∕mi)1∕2∕Ωi withΩi being the ion cyclotron frequency. Alfvénic perturbations with
large perpendicular wavelengths carry little parallel electric field because the charge separation due to polar-
ization drift is weak so that the parallel electric field is not required to maintain the charge neutrality. However,
for KAWs, perturbations with small scales are accompanied by a nonzero parallel electric field E∥ [Lysak, 1990;
Johnson and Cheng, 1997; Keiling, 2009], with |𝛿E∥|∕|𝛿E⟂| = k∥k⟂𝜌
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Three-dimensional simulations have been carried out for the formation of X lines or onset of reconnection
with differing models [Hesse and Birn, 2000; Schreier et al., 2010]. Shepherd and Cassak [2012] have examined
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the mechanisms of X line spreading through a 3-D two-fluid model. The results show that the guide field
strength has significant effects, and the spreading is due to Alfvén waves if the guide field is larger than a crit-
ical magnetic field. More researches have focused on the roles of guide field in magnetic reconnection. Wang
et al. [2000] have studied theoretically the effects of guide field on the dominant waves in a 2-D collision-
less magnetic reconnection within the framework of Hall MHD. Hall currents as well as the electron pressure
gradient are considered in the generalized Ohm’s law. It is found that the dominant waves in the reconnec-
tion layer are oblique Alfvén-whistler waves when guide field is in absence, whereas the dominant waves
are kinetic/inertial Alfvén waves when there exists a significant guide field. The effects of guide field on the
resultant waves during magnetic reconnection have been studied by Rogers et al. [2001] with a 2-D two-fluid
model. The relationship between the guide field strength and the regimes of quadratic waves are given. A 3-D
PIC simulation has been carried out to investigate the influence of guide field on the reconnection proper-
ties [Pritchett and Coroniti, 2004]. When the guide field is comparable to the antiparallel field component, the
quadrupolar By associated with the Hall effects in the absence of guide field is replaced by an enhancement
of |By| between the separatrices.

To understand the properties of KAWs in the general 3-D reconnection, effects of guide field are also included
in the present study. In this paper, a systematic investigation is carried out for Alfvén waves in magnetic
reconnection based on hybrid simulations of a current sheet, from 2-D-like reconnection to the general 3-D
configurations. The paper is outlined as follows. In section 2, the simulation model is described. Then, simu-
lation results are shown in section 3. Cases with an infinitely long X line and those with a finite X line length
are examined, with various guide field strengths. Finally, section 4 presents a summary and discussion.

2. Simulation Model

The hybrid code used in this paper was first developed by Swift [1996]. The model used in this study is similar
to that in Lin and Swift [1996] and Lin and Xie [1997] for reconnection in a current sheet but is extended to
3-D [Lin et al., 2012], to simulate the low-frequency electromagnetic waves associated with a 3-D magnetic
reconnection. The Cartesian coordinate system is used.

For the hybrid model, ions are treated as fully kinetic particles, while electrons are regarded as a massless fluid.
The ions are updated using the ion equation of motion

dvi

dt
= E + vi × B − 𝜈(Vi − Ve), (1)

where vi is the ion particle velocity, E is the electric field, B is the magnetic field, 𝜈 is the collision frequency,
and Vi and Ve are the bulk velocities of ions and electrons, respectively. The electric field is obtained from the
massless electron momentum equation

E = −Ve × B − 𝜈(Ve − Vi) − (1∕N)∇Pe, (2)

where Pe is the thermal pressure of electron fluid and N is the ion number density. In this simulation, the
electron fluid is assumed to be isothermal; that is, electron temperature Te = const. The electron flow velocity
is evaluated from Ampere’s law,

Ve = Vi −
∇ × B
𝛼N

, (3)

where 1∕
√
𝛼N is the ion inertial length di, and thus, 𝛼 = 4𝜋e2∕mic

2 in the simulation units. The magnetic field
is updated using Faraday’s law

𝜕B
𝜕t

= −∇ × E. (4)

In our hybrid code, the magnetic field is updated 10 times each time step of the particle velocity update.

The simulation domain is a 3-D rectangular box, with x being the normal direction and z the direction of
the antiparallel magnetic field. There are initially two current sheets in the system. The size of the simulation
domain is x × y × z = 64di × 128di × 256di, and the grid sizes are Δx = 0.25di, Δy = 2.0di, and Δz = 2.0di,
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where di is the ion inertial length in the unperturbed current sheet ambient. The two current sheets are initially
located at x = 16di and x = 48di. The initial magnetic field is given as

Bx = 0, (5)

By = By0, (6)

Bz = Bz0 tanh[(x − Lx∕4)∕𝛿] − Bz0 tanh[(x − 3Lx∕4)∕𝛿] − 1, (7)

where By0 is the guide field, Bz0 is the antiparallel magnetic component in the asymptotic field, Lx is the length
of the domain in the normal direction, and 𝛿 is the half width of the initial current sheets. A drift Maxwellian
distribution is assumed for ions. The thermal pressure and magnetic pressure are balanced through the initial
current sheet, with

B(x)2∕2𝛼 + N(x)T(x) = const, (8)

where the total temperature T = Ti+Te and Ti is the ion temperature. Both Te and Ti are assumed to be uniform
initially. The initial ion number density is thus derived as

N(x) = N0

[
1 + 1

𝛽0

(
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By(x)2

B2
0

−
Bz(x)2

B2
0

)]
, (9)

where N0 and B0 = (B2
z0 + B2

y0)
1∕2 are the ion number density and the total magnetic field strength in the

asymptotic region, respectively. The value 𝛽0 is the total plasma 𝛽 in the asymptotic region.

An ad hoc resistivity is introduced through the collisional frequency in the ion equation of motion and the
electron momentum equation, as described above. It includes a localized resistivity in the current sheet in
association with a local trigger of reconnection, which can be caused by a local enhancement of an external
pressure from the solar wind, as well as a current-dependent resistivity 𝜈J due to the spontaneous anomalous
resistivity [Otto, 2001]. The collisional frequency is imposed as 𝜈 = 𝜈c + 𝜈J , in which

𝜈c = 𝜈0 exp
(
−y2
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where x1∕4 = x − Lx∕4, x3∕4 = x − 3Lx∕4, z1∕2 = z − Lz∕2, and y1∕2 = y − Ly∕2; 𝜈0 is a constant; and 𝜈J is
assumed to be current dependent. The constant collision frequency 𝜈0 = 1.0Ωi0, which leads to two peaks at
(x, y, z) = (16di, 64di, 128di) and (x, y, z) = (48di, 64di, 128di), one in each current sheet, with a scale length
of 𝜆0 in the x and z direction and 𝜉 in the direction of the current. Ly and Lz are the domain lengths in y and z
direction, respectively.

In the presentation below, the spatial length is normalized to the ion inertial length di , time is normalized
to Ω−1

i0 , and frequency is normalized to Ωi0, the ion gyrofrequency associated with the asymptotic field. The
magnetic field is in units of B0, ion number density is in units of N0, and the temperature is in units of the
asymptotic temperature T0. The velocity is normalized to the asymptotic Alfvén velocity VA0, electric field E
to E0 = VA0B0, and Poynting flux S to S0 = E0B0∕𝛼 = VA0B2

0∕𝛼. Since the results in the two currents are found
to be similar, in the following only half domain with x = [0, 32], y = [0, 128], and z = [0, 256] is discussed,
for which the initial current sheet is at x = 16. There are 100 particles per cell in the asymptotic region of the
current sheet. The time step is 0.05, the electron and ion beta values are 𝛽i0 = 𝛽e0 = 0.1, the ratio of electron
temperature to ion temperature is Te∕Ti = 1, and the half width of the current sheets is 𝛿 = 0.5 for Case 1 and
𝛿 = 1.0 for all the other cases examined in this paper.

3. Simulation Results

In this section, we present the results from four simulations with the parameters listed in Table 1. The first sim-
ulation (Case 1) is intended to simulate the general structure of reconnection in a symmetric current sheet
with a guide field, which would be appropriate for the magnetotail. This simulation presents a picture with
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Table 1. Main Cases Discussed in Simulation Results

Case 1 Case 2 Case 3 Case 4 More Cases

By0∕Bz0 0.5 0 0.5 0.5 0–0.8

2𝜉∕di ∞ ∞ 10 10

multiple interacting X lines [Fu and Lee, 1985] and associated wave perturbations, which are identified as
kinetic Alfvén waves. However, because the wave structures originate from multiple, interacting X lines it is
useful to consider a series of controlled simulations in simpler geometry, which make it easier to understand
the generation, interaction, and structure of kinetic Alfvén waves associated with reconnection. We therefore
also consider the three additional cases specified in Table 1. Cases 2 and 3 are intended to provide a quasi 2-D
picture of reconnection with (Case 3) and without (Case 2) a guide field. The 2-D nature of these simulations is
realized by imposing a collision frequency (see equation (10)) in addition to the current-dependent resistivity
used in Case 1. The collision frequency profile leads to the formation of an X line at x = 16 and z = 128 with a
half length 𝜉, which for these cases is taken to be infinite. Case 4 is selected to examine 3-D aspects of recon-
nection with a guide field by limiting the length of the X line using 𝜉 = 5di. The primary benefits of simulations
2–4 are that the reconnection geometry is constrained by the choice of collision frequency making it easier
to analyze the wave spectra and isolate 2-D/3-D and guide field effects.

Table 1 lists the parameters of the guide field strength and the scale length 𝜉 of the imposed resistivity 𝜈c

for the main cases discussed in this paper. For Case 1, periodic boundary conditions are applied to all three
dimensions. For all the other cases, periodic boundary conditions are applied to the x and y directions and
the free boundary condition is applied to the z direction.

3.1. Case 1: 3-D Reconnection With 𝝂0 = 0 and A Finite Guide Field
In Case 1, the guide field By0 = 0.5, and the half width, 𝛿, of the current sheet is 0.5. The constant collision
frequency 𝜈c = 0, and the current-dependent resistivity 𝜈J = 0.02. Multiple X lines are present when t ≥ 100.
As a result, flux ropes are formed during the 3-D reconnection. Figure 1 shows the overall structures of the
parallel electric field E∥, parallel current J∥, parallel Poynting flux S∥, and ion density N in the three planes at
x = 14, y = 64, and 128, respectively, at t = 300, as well as the spatial cuts of these quantities along y at
(x, z) = (14, 94). Note that all the parallel components in this paper are parallel to the local spatially averaged
field. The parallel Poynting flux is defined as S∥ = 𝛿S∥ = (𝛿E × 𝛿B) ⋅ b, where b = B̄∕|B̄|, in which 𝛿E and
𝛿B are perturbations to the initial equilibrium field configurations and B̄ is the local spatially averaged field.
The parallel Poynting flux is normalized to S0 = VA0B2

0∕𝛼. Superposed on the contours are typical magnetic
field lines in the 3-D perspective. A zoomed-in plot for the region indicated by the black dashed circle in the
density contours is shown in Figure 1 (bottom row), which depicts the details around an X line region. In
the zoomed-in xz plane view, the yellow lines are the unperturbed field lines, while the violet lines are the
reconnected lines. The lightness of the field lines tells whether they pass through the selected plane or not.
The X line is located at (x, z) = (16, 164), as viewed in the projected plane.

Coherent field-aligned perturbations are seen in the contours of N, J∥, and S∥. These perturbations, behaving
like waves, are generated in reconnection and then stretch along the magnetic field. Such structures indicate
that they are dominated by the perpendicular wave number k⟂, with the parallel wave number k∥ ≪ k⟂. When
k⟂ and the ion Larmor radius 𝜌i are of the same order, k⟂𝜌i ∼ 1, wave structures are modified by the particle
kinetic effects. In this situation, the ideal MHD Ohm’s law no longer holds. Considerable parallel electric field is
present, as seen in Figure 1. From the electron momentum equation, the parallel electric field can be derived
as E∥ = 𝜈J∥ − Te∕(ne)∇∥n. As shown in the spatial cut plot of Figure 1, J∥ and E∥ are correlated in general. Note
that there exist differences between J∥ and E∥, as seen from the line cut plot in Figure 1 (bottom row), due to the
contribution of the parallel gradient of density and the nonlinear effects resulting from the current-dependent
𝜈 and J. The parallel Poynting flux S∥ is also correlated with the wave structure, with a peak amplitude of
about 0.09 at a distance of 1di away from the current sheet center. The presence of structures with a k⟂𝜌i ∼ 1
in the parallel currents, parallel electric field, and parallel Poynting flux are consistent with signatures of kinetic
Alfvén waves. The wave structures are seen to also vary along the y direction, indicating a 3-D nature of recon-
nection. For example, structures of the perturbations at y = 64 are seen to be very different from those
at y = 128.
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Figure 1. (top row) Overall views of parallel electric field E∥, parallel current J∥ , parallel Poynting flux S∥, and ion density N, with some typical magnetic field lines
in 3-D view, and (bottom row) spatial cuts of the quantities along y as well as a zoomed-in plot of the density (with field lines) obtained from the simulation of
Case 1 at t = 300. The contours are shown for three planes of x = 14, y = 64, and y = 128.

The left column of Figure 2 depicts the spectra of E∥ and J∥ in the ky − kz space, respectively, at x = 14, where
ky and kz are the wave vectors in the y and z direction, respectively. The spectrum is obtained from the power
of E∥ and J∥ in logarithmic scale and is taken in the entire yz plane at t = 300. The red lines indicate the
local magnetic field direction. It is seen that the field-aligned wave perturbations have large perpendicular
wave numbers k⟂, with k⟂di ≈ 0.59–0.98 and k⟂ ≫ k∥. In this situation, effects brought by the finite k⟂𝜌i ≈
0.55k⟂di ≈ 0.32–0.54 should be taken into account. Figure 2 (right column) shows the typical electric field
power spectral density, E2

⟂yz∕𝜔, versus 𝜔. Here E⟂yz is the perpendicular electric field component in the yz

plane; i.e., E⟂yz = Ey cos 𝜃 − Ez sin 𝜃, where cos 𝜃 = Bz∕
√

B2
z + B2

y and sin 𝜃 = By∕
√

B2
z + B2

y . This component

is roughly along the direction of Alfvénic perpendicular electric field polarization since k lies predominantly
in the yz plane. The plotted spectrum is taken at (x, y, z) = (12, 84, 172) from t = 0 to 500. A spectral break
is seen around 𝜔 ∼ 1, as marked by the vertical dashed line in Figure 2 (right column). This result indicates
wave dissipation associated with the ion wave-particle interaction on the scale of k⟂𝜌i ∼ 1. On the left (lower
frequency) side of the break, the oscillations can be interpreted as the Alfvénic regime with a power index of
about 1.9 ± 0.2, while on the right side of the break the waves are interpreted as in the kinetic Alfvén regime
with a steeper power index of about 2.9 ± 0.3.

Case 1 represents a case of multiple X line reconnection. The waves described above for Case 1 appear to have
properties of KAWs. Nevertheless, it is difficult to pin down the detailed generation and structures such as
the polarization relations of Alfvén waves due to the ambiguity of identifying the Alfvénic transverse compo-
nents in the 3-D geometry of the reconnection field. In order to understand the wave structure in the general
3-D reconnection in Case 1, we systematically discuss the following cases with different types of X lines, and
information on kinetic Alfvén waves are extracted step by step from 2-D-like to the 3-D geometry. Effects of
the guide field on the resulting waves are also considered.

3.2. Case 2: Infinite X Line Length and Zero Guide Field
The basic 2-D case, i.e., with an infinite X line length is discussed first in Case 2, which is the same as Case 1
except that By0 = 0 and a nonzero 𝜈0 = 1.0 is imposed at the center of the current sheet at (x, z) = (16, 128),
with 𝜉 = ∞. As a consequence, an infinitely long single X line is present at (x, z) = (16, 128), and the results
are found to be quasi 2-D. Figure 3 depicts the contour plots of the total magnetic field B, density N, parallel
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Figure 2. (left column) Spectra of E∥ and J∥ in the ky−kz space at t=300 for the x =14 plane shown in Figure 1 for Case 1.
The red line indicates the local magnetic field direction. (right column) Frequency spectrum of E2

⟂∕𝜔. The red and blue
lines indicate power law spectra, which show a breakpoint on the ion cyclotron frequency scale (shown as a dashed line).

vorticity (∇×V)∥, and parallel current J∥ as well as magnetic field lines projected in the xz plane at y = 64 and
t = 130 for Case 2. Only upper half of the domain (z > 128) is shown. Wavelike perturbations are seen to be
present. The dotted black line in each plot of Figure 3 indicates the area near the leading front of the wavelike
structures, on the left side of the current sheet, to be analyzed later. In the overall view, there is a quasi-steady
region (z<160) and a transient bulge (plasmoid-like [Ugai, 2011]) region of plasma and magnetic field
(z >160). What deserves to be mentioned first is that the slow shocks are expected in the quasi-steady recon-
nection region at some later time. Nevertheless, we do not focus on the shock physics in this paper. It can be
seen that throughout the bulge region B and N are of an antiphase relation. Meanwhile, the parallel vorticity
and parallel current are also well correlated with each other in this region. On the left side of the current sheet,
(∇ × V)∥ and J∥ are in-phase with each other. On the right side, they are antiphase to each other. This kind of
relationship is consistent with the Walén relation of Alfvénic waves [Walén, 1944] for the normalized quanti-
ties; i.e., 𝛿V⟂ = ±𝛿VA⟂. Here the plus and minus signs correspond to waves propagating opposite and parallel
to the magnetic field direction, respectively. The absolute values of the parallel vorticity and parallel currents
are not exactly equal because there also exists the density variation as well as a slight to moderate correction
due to ion temperature anisotropy (not shown). The results indicate that these Alfvénic waves originate from
the reconnection site and propagate away from the X line on both the left and right sides of the current sheet.

On the other hand, the region of “whistler dynamics” [Drake, 1995; Birn et al., 2001; Pritchett and Coroniti, 2004]
is present around the ion diffusion region near the X line, due to the Hall effects or ion inertial effects, marked
by the red rectangle (13< x < 19 and 128< z < 148) in each plot of Figure 3, within the quasi-steady
region. In this region, B and N are in-phase with each other, and the Walén relation is not satisfied, as seen
from the comparison between the parallel vorticity and parallel current plots. Figure 4a shows the contour
plots of By together with magnetic field lines at t = 130 obtained from Case 2. The red rectangle, again, indi-
cates the whistler structure as shown in Figure 3. The two (positive and negative) peaks of the quadrupolar
By structure of whistler dynamics, on the upper (z > 128) side of the X line, are seen in the red rectangle of
Figure 4a. Propagation of whistler waves is not seen in the hybrid simulation, and these whistler structures are
quasi-stationary. Outside the whistler structure, the By polarization corresponds to the Alfvénic parallel cur-
rent shown in Figure 3 propagating away from the diffusion region, and at the wave front it is an elongated
structure, with k⟂ ≫ k∥. Such structure is also generated due to the ion inertial effects. The KAWs and the
whistler structures, which are independent modes, coexist during reconnection.
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Figure 3. Contour plots of the total magnetic field B, density N, parallel vorticity, and parallel current as well as magnetic
field line projections in the xz plane at y = 64 and t = 130 for Case 2. The red rectangle indicates the region of whistler
structures, and the black dotted lines indicate the area of the leading wave front analyzed in the paper.

In the following, we perform analysis to illustrate that these Alfvénic fluctuations with antiphased B and
N are dominated by short perpendicular wavelength (i.e., k⟂𝜌i ∼ 1) kinetic Alfvén waves. Shay et al. [2011]
carried out a 2-D PIC simulation of magnetic reconnection showing that the out-of-plane magnetic field can
be associated with KAWs. They only discussed the wavelike structures at the leading front and found that the
propagation speed of the wave is up to 4.0VA when considering the contributions of electron dynamics, while
a large electron-to-ion mass ratio was assumed. In our hybrid model, the mass ratio is set to be zero. To exam-
ine the propagation speed of the Alfvénic wave structures in Case 2, we track the positions of the wave front
with time. Note that the exact wave front gradually merges into the background. It separates the background
and the leading perturbations that propagate away from the X line. The peak perturbation right behind the
wave front with a relatively small amplitude is tracked in the wave propagation direction, which is along z in
Case 2. Figure 5a shows the time sequence of the spatial cuts of By along z at x = 13 (location of the black
dashed lines in Figures 3 and 4a) from t = 110 to 180. The blue line in Figure 5a approximately marks the

Figure 4. Contour plots of By and magnetic field line projections (black) in the y = 32 plane at t = 130. (a) Case 2: infinite
X line length with zero guide field, with the red rectangle and the black dotted line indicating the same areas as that in
Figure 3. (b) Case 3: infinite X line length with finite guide field. (c) Case 4: finite X line length with finite guide field.
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Figure 5. Time variation of the spatial cuts of By along z from
t = 110 to 180 at x = 13. (a) Case 2: infinite X line length and
zero guide field. (b) Case 3: infinite X line length and finite guide
field.

propagation of the wave front, from which it
is estimated that the wave propagation speed
is approximately 0.9. Note that this speed is
viewed in the simulation frame of reference, in
which a convection velocity of 0.08 is present in
the z direction at the wave front. Thus, the wave
propagation speed is ∼0.82. Since the wave
propagates parallel to the magnetic field, the
phase speed of the wave front is then the same
as the group speed. Considering the local Alfvén
velocity VA ≈ 0.75, the phase speed of the wave
obtained from the simulation can be found as
Vpsim ≈1.1VA, indicating a slightly super-Alfvénic
feature.

On the basis of analytical theory, the dispersion
relation of KAWs can be written as [Hasegawa
and Chen, 1976] 𝜔2 = k2

∥V2
A[1∕(1 − Γ0(𝜆)e−𝜆) +

Te∕Ti]𝜆, where 𝜆 = k2
⟂𝜌

2
i , Γ0(𝜆) is the full Bessel

function, 𝜌i is the ion gyration radius, Te and Ti

are electron and ion temperatures, respectively.
Using the approximation 𝜆∕[1 − Γ0(𝜆)e−𝜆] ≈
1+3∕4𝜆 for small 𝜆, the relation can be reduced
to 𝜔2 = k2

∥V2
A[1 + (3∕4 + Te∕Ti)k2

⟂𝜌
2
i ], and a

uniform approximation valid for both large and
small argument of the Bessel function, 𝜔2 =
k2
∥V2

A[1 + (1 + Te∕Ti)k2
⟂𝜌

2
i ], can also be used

when considering the full spectrum of modes.
The dispersion relation is valid for most of the
modifications caused by the short wavelength
except for pure kinetic effects such as Landau
damping [Stix, 1992; Johnson and Cheng, 1997].
In the long wavelength limitation of k⟂𝜌i ∼ 0,
the dispersion relation becomes that of shear
Alfvén waves. Obviously, k⟂𝜌i is a key param-
eter in determining the dispersion relation of
KAWs. In the waves identified in Case 2, the
perpendicular wave number is measured as
k⟂di ≈ 0.39–1.57 or k⟂𝜌i ≈ 0.16–0.66, and
the ratio of Te∕Ti ≈ 0.625. Therefore, the phase
velocity based on the analytical dispersion rela-
tion can be estimated as Vpkaw ≈ 1.02VA –1.26VA.
Thus, the simulation result of Vpsim ≈ 1.1VA

agrees well with the analytical theory.

Figure 6. (a) Spatial cuts of By and ion bulk flow, Vy , at z = 230,
t = 150 for Case 2. (b) Polarization relation of Ex − By for Case 2
at t = 150 within x = 10 to 14.

Figure 6a shows the spatial cuts of the out-of-
plane magnetic field By and ion bulk velocity
Vy as a function of x across the current sheet,
at z = 230 and t = 150. It can be seen that
the perturbed By and Vy are in-phase (antiphase)
on the x < 16 (x >16), or left (right) side and
their normalized magnitude are nearly the same,
consistent with Figure 3. This result is consistent
with the Walén relation of Alfvénic waves propa-
gating opposite to (along) the magnetic field on
the left (right) side of the current sheet.
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Figure 7. (a) Polarization relation between E∥ and Ex for Case 2
based on the real space data. (b) |𝛿E∥(kx)|∕|𝛿Ex(kx)| in the kx
spectral space obtained from Case 2. The open diamonds and
open triangles are from the simulation, and the blue dashed
lines are based on the theoretical prediction. The red dotted
line indicates the averaged simulation values.

Using Faraday’s law and the Alfvénic disper-
sion relation with Padé approximation, the polar-
ization relation of KAWs can be written as|𝛿E⟂∕𝛿B⟂| = VA(1 + k2

⟂𝜌
2
i )[1 + k2

⟂(𝜌
2
i + 𝜌2

s )]
−1∕2,

where 𝜌s = (Te∕mi)1∕2∕Ωi and Ωi is the local
ion-cyclotron frequency. For the elongated waves
in Case 2, k⟂ ≈ kx , and thus, E⟂ ≈ Ex . Since By0 = 0,
the magnetic field in the elongated structure is
mainly in the z direction. Hence, the transverse
magnetic field B⟂ ≈ By for the Alfvén mode
because y is the direction perpendicular to both
the unperturbed magnetic field and k⟂. Figure 6b
shows the polarization relation between Ex and By

at t = 150 in the region from x = 10 to x = 14
at z = 220, which is in the elongated structure.
The open diamonds in Figure 6b are the results
from the simulation, and the blue dashed line is
obtained from the analytical polarization relation
of KAWs described above. The measured value of
kx𝜌i ≈ 1.57∕di × 0.45di ≈ 0.71 is used. It is seen
that the simulation results are in good agreement
with the analytical theory.

Considerable E∥ accompanying these Alfvénic
waves is also found. Figure 7a depicts the ratio
between E∥ and Ex based on data taken at
z = 212 from x = 8 to x = 12, while Figure 7b
shows the kx spectrum of |E∥∕Ex|. The simulation
values are marked by the open diamonds and

open triangles in Figures 7a and 7b, respectively. The blue dashed line in each plot again shows the prediction
from the analytical theory, |𝛿E∥|∕|𝛿E⟂| = k∥k⟂𝜌

2
s∕(1 + k2

⟂𝜌
2
i ) [Johnson and Cheng, 1997]. Good consistency is

again shown between the simulation and theory. For Figure 7b, the 11 points at each kx correspond to 11 time
instants, every Δt = 1, during the period 140 < t < 150. The red dotted line shows the time average based on
the simulation data, while the blue dashed line shows the theoretical result. It is seen that simulation is very
close to the theoretical prediction.

It is also important to know how much energy is carried by the Alfvénic fluctuations. To estimate the ratio of
the energy carried by Alfvén waves and the released magnetic energy from reconnection, the black curve in
Figure 8 shows EAW∕𝛿EB obtained from Case 2, where EAW is the total energy carried by Alfvén waves by time
t, or energy flux integrated over time,

Figure 8. Time evolution of the ratio between the Alfvénic
wave energy and the released magnetic energy in
reconnection, EAW∕𝛿EB , with the black line for Case 2, blue
line for Case 3, and red line for Case 4.

EAW(t) = ∫
t=t

0 ∫
y=Ly

0 ∫
x=Lx

0
S∥z dx dy dt, (11)

in which S∥z = S∥ ⋅ z is the z component of the
parallel Poynting flux, EB = ∫ ∫ ∫ (B2

x + B2
y + B2

z )∕
2 dx dy dz is the magnetic energy, 𝛿EB = |EB,t=t −
EB,t=0| is the energy released by magnetic recon-
nection, EB,t=0 is the initial magnetic energy. Note
that the magnetic energy is normalized to B2

0∕𝛼.
Two xy planes (with 0 ≤ x ≤ Lx and 0 ≤ y ≤ Ly)
are selected for the integration of the energy flux,
at z = 96 to z = 160, which are in the out-
flow regions symmetric about the X line located at
z = 128. The result shown in Figure 8 corresponds
to the sum of the total energies at the two planes.
The Alfvén waves start to build up through z = 96
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Figure 9. Contours for Case 3 of Bx together with several magnetic field lines, N, Vz , S∥, J∥ , and E∥ at y = 0 and y = 32,
t = 150. The two horizontal dashed lines indicate z = 164 in the quasi-steady reconnection region and z = 172 near the
reconnection bulge.

and 160 at about t >70 and then followed by a slowly increasing stage. The accumulation of the wave energy
rises up to a faster stage and finally reaches a saturation state at t ≃ 140 when the transient wave structures
have passed through the two selected planes. The ratio in the final stage indicates that the energy carried by
Alfvénic fluctuations is about 7.5% of the energy released from reconnection. Based on a 2-D MHD model,
Kigure et al. [2010] calculated the energy carried by Alfvén waves with various initial guide field. However, no
Alfvén waves and thus S∥ are generated in the MHD model under a zero guide field.

3.3. Case 3: Infinite X Line Length, Finite Guide Field
Case 3 is the same as Case 2, with 𝜉 = ∞ and thus an infinite X line length, except a finite guide field By0 = 0.5
is applied. In comparison with Case 2, similar analyses based on the spatial structures, propagation speed,
and the polarization relations are provided. In addition, some new results introduced by the finite guide field
are also examined in this section, such as the rotational discontinuities across the steady reconnection layer
and the KAWs found around the reconnection bulge. Meanwhile, it is also important to know how much
energy is carried by the KAWs in reconnection with a nonzero guide field, which is generally the case in the
magnetosphere.

Figure 9 depicts the xz contours of magnetic component Bx with some field lines in 3-D, ion density N, outflow
velocity Vz , parallel component S∥, J∥, and E∥ at y = 0 and y = 32, and at time t = 150. The two horizontal
dashed lines in each contour plot indicate z = 150 in the quasi-steady reconnection region and z = 172 in the
leading bulge of reconnection, respectively. It can be seen from the two contour slices at y = 0 and y = 32
that the overall structures are of 2-D-like, nearly uniform in y. Similar to Case 2, there are elongated structures
along field lines in various quantities around the leading bulge. Due to the existence of the finite guide field,
these structures are asymmetric on the two sides of the current sheet. A negative parallel electric field appears
along the separatrices on the x < 16 and z > 128 side. Similar structures of E∥ have also been obtained in the
simulation by Pritchett and Coroniti [2004] based on a PIC model.
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Figure 10. Spatial variations of Bx , By , Bz , J∥ , Vx , Vy , and Vz , ion parallel temperature T∥ and perpendicular temperature
T⟂ along x at z = 164 as well as the hodogram of the magnetic field, By versus Bz , at t = 150 for Case 3.

Among the field lines traced with the Bx contours in Figure 9, two of them extend down below z = 150. They
pass through the y = 32 plane in the quasi-steady reconnection layer to either side of the current sheet. One
of them crosses y = 32 plane from the x > 16 side and meets the y = 0 plane on the x < 16 side. The point
where Bz ≈ 0 on the field line is located between the two contour slices. Similarly, the other field line turns to
Bz ≈ 0 at a point between y = 32 and y = 64. The third field line in the Bx plot of Figure 9 penetrates through
the y = 32 plane and reverses sign in Bz near z = 172 at the leading bulge. The former two lines represent
the reconnected field lines through the quasi-steady region while the latter line represents those around the
leading bulge region.

To examine the structures in the quasi-steady region of reconnection, Figure 10 depicts the spatial variations
of Bx , By , Bz , J∥, Vx , Vy , Vz , ion parallel temperature T∥, and perpendicular temperature T⟂ along x at z = 164,
as indicated by the bottom dashed line in Figure 9, at t = 150. Also plotted in Figure 10 is the correspond-
ing hodogram of magnetic field, By versus Bz . Two discontinuities are found around x = 10 and x = 22.
Across each discontinuity, the plasma is accelerated in the z direction, with the bulk flow Vz changes by nearly
0.4VA0 = 0.45VAz0 from either side of the current layer. The ion temperature T∥ increases, while little change
is found in T⟂. The hodogram and the magnetic field profiles indicate that the magnetic field rotates across
each discontinuity in the plane tangential to the current sheet, from the asymptotic field on the either side
of the current layer to Bz = 0 at the center. Correspondingly, a parallel current is present at each discontinu-
ity. The change of Vx , Vy , and Vz are in phase (antiphase) with the corresponding magnetic field components
on the Bz < 0 (Bz > 0) side. Such spatial structures are consistent with being rotational discontinuities, or
large-amplitude Alfvén waves, as have been found in previous 1-D and 2-D simulations and statistical studies
[Lin and Swift, 1996; Lee et al., 1996; Chou and Hau, 2012].

Kinetic Alfvén waves, on the other hand, are found in the bulge region ahead of the quasi-steady reconnection
layer. Contours of By in the xz plane at t = 130 in Case 3 are shown in Figure 4(b), together with some projected
field lines. Note that the quadrupolar By structure that appears in Case 2 is not found in Case 3 due to the
existence of the moderate guide field [Pritchett and Coroniti, 2004]. Similar to Case 2, elongated structures with
k⟂ ≫ k∥ exist near the separatrices around the reconnection bulge. Compared with Case 2, the symmetry
of the structures about the current sheet center (x = 16) is broken due to the presence of the finite By0. To
illustrate the spatial spectrum in the elongated structures, Figures 11a and 11b present the spectrum of E∥
in the kx − kz space at y = 32 and ky − kz space at x = 13, respectively. To avoid the nonuniformity of the
background field, only areas with 6 < x < 14 and 180 < z < 220 are selected for the Fourier analysis. It is clear
that the spectrum is broad in kx while kz is quite small, as seen in Figure 11a. Meanwhile, the predominant
ky ∼ 0, as shown in Figure 11b, indicating that it is mainly a 2-D structure and quasi-transparent in y. In the
elongated structures, the x direction is perpendicular to the magnetic field, which is approximately in the yz
plane with By0 ≠ 0. It is applicable to write k⟂ = k⟂x +k⟂yz , in which k⟂x = kx is dominant. Since both ky and kz

are much smaller than kx , k⟂ ≫ k∥. It is estimated that k⟂ ≈ 2𝜋∕7di ≈ 0.9∕di and 𝜌i ≈ 0.25di; thus, k⟂𝜌i ≈ 0.23.

The propagation of the structure elongated along z, at the leading front, can be calculated on the basis of
Figure 5b, which shows the time evolution of spatial cuts along z of By from t = 110 to 180. Similar to
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Figure 11. Spectrum of the elongated E∥ structure at the leading wave front for Case 3 in the (a) kx − kz space at y = 32
and (b) ky − kz space at x = 13.

Figure 5a, the blue line tracks the propagation of the leading front. The propagation speed is estimated as
Vpsim ≈ 0.738 after subtracting the contribution due to the outflow convection in reconnection. The z com-
ponent of the Alfvén speed is measured as VAz ≈ 0.667. The local temperatures are Ti ≈ 0.066 and Te ≈ 0.05.
The phase speed of KAW is calculated as Vpkaw ≈ 0.729 based on its linear dispersion relation, very close to
the propagation speed Vpsim.

Unlike Case 2, the presence of By0 makes it difficult to locate the exact Alfvénic transverse magnetic compo-
nent 𝛿B⟂. Note that there is anisotropy in ion temperature not only in the steady reconnection layer but also
in the leading region and at the reconnection bulge. The magnetic tension force may be affected by such

Figure 12. Spectrum of |𝛿E∥|∕|𝛿Ex| (a) in the elongated
structure at the leading wave front (from 180 ≤ z ≤ 220) and
(b) at the reconnection bulge (z ≈ 172, from x = 8 to 14)
obtained from Case 3. Ex is perpendicular electric field
polarization of KAWs at both locations. The blue dashed lines
are from the analytical theory. The red dotted lines are the
average over t = 150 − 160.

anisotropy when the perpendicular wavelength
is smaller than the ion Larmor radius (k⟂𝜌i > 1).
Thus, we do not examine |𝛿E⟂∕𝛿B⟂|. To confirm
the presence of KAWs in Case 3, the spectrum of|𝛿E∥|∕|𝛿Ex| is plotted for two locations. Figure 12a
shows the spectrum for the elongated structure
(along z) at the leading front within 180 ≤ z ≤
220, with the open triangles obtained from 150 ≤
t ≤ 160, similar to Figure 7b. Figure 12b shows the
spectrum for the edge of the leading bulge near
z = 172 (along the top dashed line in Figure 9),
where the field-aligned structure extends along x
in the xz plane (from x = 8 to 14). The blue dashed
lines in Figure 12 show the predicted values from
the analytical theory of KAWs while the red dot-
ted lines show the average over t = 150–160. It is
seen that the wave structures are consistent with
being KAWs.

For the location of z = 172 analyzed above, since
a significant Bx is present at the edge of the bulge,
kx is not simply k⟂ anymore, different from that
in the elongated structures along z. However, the
influence of Bx on the field line configurations
is not so tremendous until the field lines pass
through the center of the current layer, within
±2di around x = 16. Figure 13a shows field lines
passing through two planes at y = 28 and y = 56
around x = 13 at t = 150, at the edge of the
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Figure 13. (a) Field configuration for Case 3 in a 3-D view and
the corresponding contours of By at y = 28 and 56. The blue
(red) field lines cross the y = 28 (y = 56) plane in reconnection
bulge at x = 13. (b) Contours of 𝛿Ey = Ey(y, z) − Ēy(z) for Case
3 in the yz plane at x = 13, where Ēy(z) is the average value of
Ey over y.

bulge, and contours of By are shown in the two
planes. For the blue field lines in Figure 13a, the
points with Bz ≈ 0, where Bx is nonnegligible,
are located between the two planes. At the loca-
tions where the blue lines intersect with the
y = 28 plane (marked by the black circle), By and
Bz are still dominant. In this situation, x can still
be regarded as being perpendicular to the blue
lines, which is, in general, true around 8 < x < 14
at y = 28. As a result, similar to the region of the
elongated structure at the leading front, kx can
be regarded as a perpendicular wave vector. Like-
wise, for the red field lines, x ⋅ B ≈ 0 in the y = 56
plane for 8 < x < 14. In general, kx is approxi-
mately a perpendicular wave vector component
in the areas of 8 < x < 14 near z = 172 and for
all the y positions in this 2-D-like case. The corre-
sponding perpendicular component k⟂ is found
to be k⟂x ≈ 𝜋∕2di ≈ 1.57∕di.

There is also another perpendicular component
of the wave vector, k⟂yz in the yz plane, which is
more pronounced near the leading bulge region
(z < 90). Figure 13b shows contours of the per-
turbed Ey at t = 150; i.e., 𝛿Ey = Ey(y, z) − Ēy(z),
where Ēy(z) is the average value of Ey over y at
the same time, for the region from z = 70 to 90.
Oblique structures are seen, which are nearly field
aligned. It is found that k⟂ in the yz plane has
a much smaller value, k⟂yz ≈ 0.314∕di. There-
fore, Ex is still approximately the perpendicular
electric field polarization of KAWs near z = 172,
analyzed in Figure 12b. Overall, the total perpen-
dicular wave number is found to be kx𝜌i ≈ 0.7
with 𝜌i ≈ 0.45di. Comparing Figures 12a and 12b,
it is seen that the ratio of |𝛿E∥|∕|𝛿Ex| is substan-
tially stronger near z = 172 (closer to the X line,
as indicated in Figure 9) than at the leading wave
fronts.

The ratio between the energy of the Alfvén waves and the magnetic energy released from reconnection for
Case 3 is also examined, which is shown by the blue line in Figure 8. The integration of the Poynting flux is done
with z = 96 and 160 planes, the same as that for the black curve (Case 2). Similar to Case 2, the Alfvénic waves
also start to build up at about t > 70, which indicates that the Alfvénic waves are generated approximately
at the same time in Case 2 and Case 3. Nevertheless, there is no slow accumulation stage as shown in Case
2. The wave energy increases almost linearly with a constant speed and saturates at t ≃ 150. This saturation
time in Case 3 is slightly later than that in Case 2 due to the slightly smaller VAz under a fixed total field B0

and thus a smaller convection speed of the reconnection bulge. The ratio in the final stage indicates that the
energy carried by Alfvénic waves in Case 3 is up to 18.6% of that released from reconnection. In comparison,
the energy carried by Alfvén waves is about 15–20% of the energy released by magnetic reconnection for
By0∕Bz0 = 0.5 and 𝛽0 = 0.1 according to the study by Kigure et al. [2010]. Thus, our hybrid simulation result
is about the same as their MHD case. In addition, the saturated energy ratio of Case 3 is more than 2 times of
that of Case 2, indicating that a finite guide field strengthens the Alfvénic waves resulting from reconnection.

3.4. Case 4: Finite X Line Length, Finite Guide Field
Cases 2 and 3 discussed above for an infinite X line length show mainly 2-D or quasi 2-D features with ky ≈ 0,
with or without the guide field. In order to understand the 3-D oblique field-aligned structures in Case 1,
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Figure 14. Contours for Case 4 in 3-D of By , N, J∥, E∥ , and S∥, with several magnetic field lines, at t = 150. The two slices are at x = 13 and y = 50.

it is necessary to examine the 3-D reconnection due to a finite X line length. It is notable that the X lines/flux
ropes in Case 1 may have various spatial lengths. In this section, we evaluate Case 4, which is characterized
by an isolated X line of length 2𝜉 = 10. The guide field in Case 4 is By0 = 0.5, the same as Cases 1 and 3. In
contrast to Cases 2 and 3, the finite X line length leads to a spatially limited source in generating perturbations
by reconnection. Compared with Case 1, there is only a single X line in Case 4, making it possible to examine
the simplified case of waves generated by a single source. Having presented the basic properties of KAWs in
the previous 2-D-like Cases 2 and 3, our presentation for the more general Case 4, with both a finite guide field
and finite X line length, is focused on the 3-D structures and propagation of KAWs. In addition, the damping
of the KAWs is also examined in this subsection. Since the perpendicular direction of polarizations in Case 4
is not easy to determine, KAWs are identified by the presence of parallel electric field, the wave propagation
characteristics, and wave numbers, as well as the relationship between perturbations of B and N, as we have
established their connection to KAWs in the previous cases.

Figure 14 depicts the contours of By , N, J∥, E∥, and S∥ in the two planes at x = 13 and y = 50 obtained from
Case 4, superposed with some 3-D field lines, at time t = 150. Similar to Cases 2 and 3, coherent perturbations
are again present in the parallel electric field, current density, and Poynting flux around the X line; however,
the resulting perturbations in Case 4 are more localized in y than Cases 2 and 3, which have 𝜉 = ∞. Figure 4c
shows the contours of By for Case 4 at y = 64 and t = 130. Compared with the results from Cases 2 (Figure 4a)
and 3 (Figure 4b) at the same time, much shorter elongations of wave perturbations are found in the xz plane
in Case 4.

It is also shown in Figure 14 that obliquely propagating waves with both ky and kz are present in the yz planes,
which is quite similar to the general 3-D multiple X line reconnection in Case 1. But unlike Case 1, only one
pair (above and below the X line in z) of the oblique waves exists in this single X line reconnection. Through
the associated field lines, it can be seen that the wave structures propagate and, again, stretch along the
magnetic field, with k⟂ > k∥. Since Bz < 0 in the yz plane shown in Figure 14, which is 3di away from the current
sheet center at x = 16, the propagating structures are opposite to the direction of the magnetic field above
(z > 128) the X line while along the direction of the magnetic field below (z < 128) the X line. The signs of S∥
(negative above and positive below the X line) are consistent with the energy propagation away from the X
line to both sides. The Poynting flux S∥ in Case 4 has a larger value compared with that of Case 1. It is peaked at
a distance of 1–1.5di from the current sheet center, with an amplitude of 0.4. The smaller Poynting flux in Case
1 may be due to the interaction between multiple waves that are generated from different X lines. Oppositely
propagating waves from two adjacent X lines may reduce the net energy flux.

To illustrate the correlation between the waves and magnetic field, Figure 15a shows the isosurface of the flow
component Vz = 0.2 and some surrounding field lines obtained in Case 4. Two regions, regions A and C, are
marked in the figure. Region A contains areas where magnetic perturbations along x (as well as the yz plane)
are relatively large, and thus, the field lines are curved with the corresponding wave perturbations. Region C
contains the wing spreading in the yz plane. In this region, waves propagate mainly along the magnetic field.
The reconnected field lines are the ones threading from region C on the y > 64 side, through region A, to the
other wing on the y < 64 side. Figure 15b presents the spectrum of E∥ in the ky − kz space. Note that the
entire wave pattern/fronts in the yz plane is included to get the spectrum. Wave modes with a broad spectral
width of k⟂, peaked around k⟂ ≃ 0.85, are seen in the spectrum. Such spectral properties are similar to those
in Figure 2 for the general 3-D multiple X line reconnection in Case 1. The red line in Figure 15b indicates the
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Figure 15. For Case 4: (a) The isosurface of Vz = 0.2
accompanied with magnetic field lines shown in blue. (b)
Spectrum of E∥ of the entire wave pattern in the yz plane at
x = 13. The red line indicates the direction of the local magnetic
field. (c) Time variation of B and N at a fixed location in region C
from t = 100 to 180.

direction of local magnetic field. Consistent with
the spatial contours in Figure 14, the wave struc-
tures have k⟂ ≫ k∥. From the time oscillation
of the perturbations, we find their frequency is
about 0.13–0.31 in the plasma frame of refer-
ence after shifting away the background con-
vection speed.

In general, both Alfvénic and compressional
(magnetosonic and whistler) waves may be
present in reconnection. To examine the impor-
tance of the Alfvénic fluctuations, Figure 15c
shows the time variation of local magnetic field
B (black lines) and density N (red lines) at a fixed
location in region C from t = 100 to 180. It is
shown that the oscillation is dominated by an
antiphase relation, indicating Alfvénic or slow
mode features.

Figure 16 presents the time sequence of con-
tours of E∥ at the x = 13 and y = 50 planes
t = 130, 150, and 170, from left to right, together
with some field lines in a 3-D view. The red cir-
cles track the propagation of the waves, which is
a combination of the convection due to recon-
nection and the field-aligned wave propagation.
The convection velocity in z can be estimated
using the bulk outflow speed Vz . Meanwhile, it
is also necessary to emphasize that convection
only exists near the center of the current layer.
For example, there is little convection in region
C marked in Figure 15a. In the xz planes shown
in Figure 16, perturbations with large k⟂ stretch
out along field lines, propagating and forming
oblique 3-D structures.

Figure 17a shows the time sequence of the spa-
tial cuts of Vz as a function of distance s along
the magnetic field line in region C shown in
Figure 15a, from t = 110 to 180. Each line is
obtained by tracking the contour patterns with
time. Perturbations near the leading wave front
are tracked to estimate the phase speed. The
blue line roughly indicates the motion of the
wave front. It is estimated that Vpsim ≈ 0.91. This

speed is close to the phase speed Vpkaw ≈ 0.89 as obtained from the linear dispersion relation of KAWs
for this case. Based on the wave properties presented above, these waves are identified as KAWs. The red
line in Figure 17a tracks the propagation of the peak perturbation at t = 110 away from the reconnection
region. The amplitude of the perturbation gradually decreases with time. Unlike the 2-D cases, multiple wave
packets/fronts of KAWs are found to be generated in the 3-D reconnection and propagate away from the
reconnection site. They propagate at about the same speed around 0.91.

Since these KAWs propagate along magnetic field, their group speed is then equal to the phase speed of the
wave front, or the group velocity Vg∥ ≈ 0.91. In the meantime, a small perpendicular velocity of wave fronts
is also present due to the background convection. The perpendicular speed is estimated as ∼ 0.18, about 5
times smaller than the parallel group velocity.
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Figure 16. Time sequence of contours for Case 4 of E∥ in 3-D view at t = 130, 150, and 170. The two slices are located at x = 13 and y = 50. The red circles track
the propagation of KAWs.

To show the energy carried by the KAWs, the ratio of EAW∕𝛿EB for Case 4 is plotted as the red line in Figure 8.
Again, the z = 96 and 160 planes are selected to estimate the integration of S∥. In Case 4, the KAWs begin
to build up at about t = 85, which is later than that in Cases 2 and 3. Similar to Case 3, there is no slow
accumulation stage of the energy ratio, but the accumulation is slower than that in Case 3. The saturated ratio

Figure 17. (a) The Vz spatial cuts along the direction of
magnetic field, in a time sequence, in region C from
t = 110 to 180 for Case 4. The blue solid line indicates
the motion of wave front, and the red line indicates the
propagation of the peak of Vz from t = 110. (b) Damping
of the perturbations around the peak amplitude. The
dashed lines indicate exponential fits.

is about 7%, which is less than a half of that in Case 3,
indicating that the energy conversion rate is reduced
when the length of the reconnection X line is reduced.

Since 𝛽i ∼ 1 in the resulting structure in reconnec-
tion layers, damping of KAWs is expected to result
from ion Landau damping. An important issue associ-
ated with KAWs generated in local areas of reconnec-
tion is how far the waves can propagate before they
are damped. To estimate the wave damping, the time
evolution of the peak perturbations of Vz , tracked by
the red line in Figure 17a and propagating with the
speed Vpsim ≈ 0.91 as described above, is shown in
Figure 17b. The displacement of four points around
the peak are tracked starting from t = 110, which
propagate as indicated by the red line in Figure 17a.
The wave amplitude is seen to monotonically decrease
with time, following a linear exponential decay. It is
estimated that the damping rate of the wave is about
−0.0035 to−0.0062. Under this damping rate, the wave
will decay to Qinie

−1 within a time duration of nearly
160 to 280Ω−1

i0 after its generation if no other dissipa-
tion mechanisms (e.g., electron Landau damping) are
considered, where Qini is the initial wave amplitude.

So far we have shown that 3-D reconnection with a
finite X line length in y leads to KAW structures very
similar to Case 1. Thus, it is indicated that the waves
with field-aligned structures in Case 1 are KAWs. In
addition, by comparing cases with various 𝜉, a charac-
teristic length for the transition of the overall structures
from 2-D to 3-D is found to be 2𝜉c ≈ 30, which is
approximately the critical X line length for 3-D recon-
nection. The length 2𝜉 = 10 used in Case 4 is approx-
imately the scale length of the spatially isolated sites
in 3-D spontaneous reconnection inferred from space
observations by Shay et al. [2003].
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Figure 18. (first to fifth columns) Contours of 𝛿By = By − By0 and E∥ for five cases with various By0 in the xz plane (first and second rows) at y = 64 and yz plane
(third and fourth rows) at x = 13.

3.5. Effects of Guide Field on Wave Structures for 3-D Reconnection
It is seen from Cases 2 and 3 that the presence of the guide field affects the structure of KAWs generated in
reconnection, but the two cases are 2-D-like with an infinite X line length. It is, therefore, necessary to give a
picture of the influence of the guide field under a finite X line length. Five cases with the same X line length
(same as Case 4) and different guide field strengths By0 are examined in this subsection.

The influence of guide field on the spreading of reconnection perturbation has been studied by Shepherd and
Cassak [2012] using a two-fluid model. They find that when the guide field is larger than Bcrit ≈ Brec

di

𝛿
, the

spreading mechanism is due to Alfvén waves, whereas when the guide field is smaller than the critical value,
the spreading is due to the ion current. Rogers et al. [2001] have obtained the dependence of whistler and
kinetic Alfvén waves on the guide field. They have defined two critical quantities, 𝛽k∕2 = (Te∕mi + Ti∕mi)∕
(B2

k∕4𝜋𝜌) and 𝜇k = (B2∕B2
k + 𝛽k∕2)(me∕mi), where Bk = B · k∕k is the magnetic component in the direction

of the wave vector. It is found that when 𝜇k ≪ 1 and 𝛽k∕2 ≫ 1, both whistler and kinetic Alfvén waves may
exist. These studies indicate some significant effects of guide field on the resultant waves generated during
magnetic reconnection. It is notable that 𝜇k = 0 in our simulation since me = 0, whereas the whistler waves
with 𝜔 ∼ 𝜔pe, as discussed by Rogers et al. [2001], is not resolved in the hybrid model.

Figures 18 (first column) to 18 (fifth column) show the contours of 𝛿By = By − By0 and E∥ obtained from five
cases with By0 = 0, 0.1, 0.3, 0.5, and 0.8, respectively, at t = 150. All other parameters of the five cases are the
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Figure 19. Shear perturbations of magnetic field in the reconnection
layer for the case with zero guide field and finite X line length at
t = 150.

same as those in the previous Case 4, with
the finite X line length 2𝜉 = 10, while the
one with By0 = 0.5 is Case 4. Figures 18
(first row) and 18 (second row) present
the results in the xz plane at y = 64, and
Figures 18 (third row) and 18 (fourth row)
are for the yz plane at x = 13. The quantity
𝛿By , instead of By , is plotted so cases with
a broad range of By0 can be compared on
the same color scale. Overall, structures of
cases with By0 ≤ 0.1 appear to be very
different from those with a larger By0. For
the cases with By0 ≥ 0.3, the contours
are quite similar, and the discussions on
Case 4 are appropriate for them. In these
cases, waves generated from reconnec-
tion propagate along magnetic field lines
with components in the xz and yz planes.
These waves, carrying the parallel electric
field, are found to be KAWs in the cases
with various By0. Since we have kept the

total B0 to be constant in the different cases, as By0∕Bz0 increases, the magnetic shear and outflow convection
decrease. The size of the reconnection layer in the xz plane for cases with a stronger guide field (e.g., By0 = 0.8)
is smaller than that for a weaker guide field (e.g., By0 = 0.5).

To understand the cases with By0 = 0 and 0.1, the case with By0 = 0 is discussed first. In this case, By shown in
the structure is roughly the perturbed component, while the field lines are mainly in the xz plane on average.
In the xz plane, there are field-aligned (k⟂≫k∥) elongated wave structures, similar to the previously discussed
Case 2 with By0 = 0. However, since the length of the X line is finite, 3-D properties are present now, as seen
from the localized ky structures in the yz plane. The field-aligned perturbations in the By0 = 0 case mainly
stretch in the z direction. Different from Case 4 with a finite By0 = 0.5, quadrupolar structures of By and E∥
(centered at the diffusion region but only shown for the upper half here) with distinct kz and kx , are seen near
the center of the current layer, which are roughly the perpendicular and parallel wave vectors, respectively, at
this location. Since By0 = 0, ky is a component of k⟂, and 𝛿By is the shear component 𝛿B⟂ for Alfvén modes.
A zoomed-in magnetic field line configuration for the case with By0 = 0 at t = 150 is shown in Figure 19. As
indicated by the red circles on field lines in Figure 19, small perturbations of 𝛿B⟂ are seen in the reconnection
layer, consistent with magnetic perturbations in Alfvén waves. Note that shear Alfvén waves were found in
the 3-D MHD simulation by Ma et al. [1995] for reconnection with a zero guide field. As the perturbations
propagate along the field lines away from the current layer center, kz changes gradually from k⟂ to k∥ and kx

changes from k∥ to k⟂. This leads to an increase of k⟂ and decrease of k∥. Finally, these waves propagate out
with energy concentrated near the separatrices. The elongated waves show the KAW features as discussed
earlier. Results in the case with By0 = 0.1 are very similar to those with By0 = 0, as seen by comparing Figures 18
(first column) and 18 (second column).

On the other hand, for cases with a modest By0 ≥ 0.3, the wave propagation is not confined to the xz plane
due to the existence of large By . Since the X line has a finite length, the KAWs quickly propagate out of
the reconnection region following their field-aligned component in the y direction. They continue to propa-
gate along field lines in the yz plane in the nearly uniform plasma region. It is noted that ky plays a key role
in determining the wave structures resulting from the 3-D reconnection. For cases with a zero guide field,
ky ≈ k⟂, resulting in the shear Alfvénic perturbations as in Figures 18 (first column) and 18 (second column).
On the other hand, if the guide field is strong enough, ky is no longer k⟂, and such structures no longer exist.

4. Summary and Discussion

KAWs are believed to be a significant form of perturbations and/or fluctuations generated at small scales on
the order of ion inertial length. Previous studies and observations demonstrated that KAWs, which play impor-
tant roles in energy transport and particle heating and acceleration, are of vital importance in many space
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phenomena. But the presence and properties of KAWs in the fundamental process of magnetic reconnection,
including their relation to the whistler physics in the ion diffusion region, were not well understood. In this
paper, 3-D hybrid simulations are performed to examine the Alfvénic wave perturbations generated in mag-
netic reconnection in a current sheet with various X line lengths and guide field strengths. The KAWs are found
to be a common feature of the structure of reconnection.

Case 1 in this paper represents the general 3-D reconnection in a symmetric current sheet with a finite
guide field, may occur in the magnetotail or other regions of space plasmas. The generation, structure, and
properties of the resulting KAWs associated with magnetic reconnection are examined through a systematic
discussion on the particular controlled cases (Cases 2–4 and more) with various X line lengths and guide field
strengths.

The main results of the simulations in this paper are summarized as follows:

1. In the case with an infinitely long X line length, a quasi-steady region as well as a plasma bulge region
is present in the quasi 2-D reconnection layer. KAWs with k⟂ ≫ k∥ and k⟂𝜌i ≈ 1 are found throughout
the transient plasma bulge region, while the whistler dynamics is present around the ion diffusion region
near the X line in the case with a zero guide field. The KAWs and the whistler structures are independent
structures, both generated from the X line.

2. In the cases with an infinite X line and a finite guide field, two quasi-steady rotational discontinuities are
present behind the plasma bulge. Due to ion kinetic effects, the parallel electric field is stronger on one
separatrix than the other.

3. Cases with various finite X line lengths are performed to study the 3-D effects. The simulation indicates that
the finite X line length leads to the structure of reconnection layer very different from the cases with an
infinite X line. KAWs generated from the X line propagate outward as a localized pulse along field lines.

4. The KAWs propagate with a super-Alfvénic phase speed, which agrees well with that obtained from the
dispersion relation of KAWs. A parallel electric field E∥ is generated in the KAWs, which is stronger in the
regions closer to the X line. The polarization relation |E∥∕E⟂| of KAWs are found to be satisfied in the spectral
space. The satisfaction of the polarization relation E⟂∕B⟂ of KAWs is also confirmed for the case with a zero
guide field, in which the polarization B⟂ = By .

5. The ratio of the wave energy of the KAWs to the magnetic energy released in reconnection is measured for
cases with different X line lengths and guide fields. The ratio is found to be larger for the case with a finite
guide field than that with a zero guide field and larger for the case with an infinitely long X line than that
with a shorter X line length.

6. The strength of guide field plays an important role in determining the wave structures.
7. The damping rate of KAWs is estimated. The decay time is found to be about 160 to 280Ω−1

i0 .

The 3-D multi-X-line case, Case 1, can be understood with the help of the simplified cases with various X line
lengths and guide fields, as described above. There are many common features that appear in Case 1 and
Case 4, with a finite X line length and a finite guide field. For instance, the X line configurations of both cases
have a 3-D nature. Field-aligned wave structures with a dominant k⟂ are found generated during magnetic
reconnection in both cases. Their k space spectrum of E∥ are similar, with k⟂ ≫ k∥. In general, Case 4 can be
regarded as Case 1 with the multiple X line interaction removed. The field-aligned wave structures in Case 1
can be identified as KAWs. Alfvénic turbulence spectrum is present, with a spectral break near the ion cyclotron
frequency.

The damping of KAWs is important because it determines whether the waves can survive into the near-Earth
ionosphere during magnetospheric reconnection. Under the damping rate estimated from Figure 17b, the
waves will be damped to Qinie

−1 within a time duration of nearly 160 to 280Ω−1
i0 after its generation, corre-

sponding to 8 to 14 wave periods considering that the wave frequency is up to 𝜔 ≈ 0.3. Within this duration,
the waves may have propagated a distance of 150–260di away from the current sheet. In the magnetotail,
reconnection mostly happens around a radial distance of 15–30 RE from the ionosphere, where RE is the Earth
radius, which roughly means a field-aligned distance of 24–47 RE . For the asymptotic density n0 ≈ 0.06 cm−3,
or the corresponding di ≈ 0.146 RE , the field-aligned distance between the X line and the ionosphere is
about 160–320di. Because the damping length is so long compared with the physical distance, it is unlikely
that the KAWs generated from the near- or middle-tail neutral sheet would be significantly damped by ion
Landau damping as they propagate into the near-Earth ionosphere. It should also be noted that 𝛽 changes
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dramatically by orders of magnitude along the field line as the waves propagate to the ionosphere [Damiano
et al., 2015]. It is generally found that ion and electron Landau damping is generally not strong enough in the
kinetic regime to damp the wave. So the variation of 𝛽 along the field line generally makes it possible for the
waves to reach the ionosphere without damping. The model used by Damiano et al. [2015] retains full elec-
tron effects, which includes all electron Landau damping and nonlinear damping due to particle trapping in
the wave potential. Typically, for larger k⟂𝜌i the parallel electric field is reduced, and higher ion temperature
also tends to reduce the electron Landau damping [Lysak and Lotko, 1996; Streltsov et al., 1998]. Note that usu-
ally in the plasma sheet Te∕Ti ≈ 1∕7, the parallel electric field is smaller than in the simulations presented in
this paper, and KAWs generated during magnetotail reconnection should be able to propagate to the iono-
sphere. It is thus also indicated that when a KAW event is observed in the vicinity of Earth, the possibility of a
middle-tail reconnection should be considered.

It is also important to compare the peak amplitude of the parallel Poynting flux obtained from our simulation
with a finite X line and a finite guide field (Case 4) to that obtained from observations. The simulated S∥ is nor-
malized to S0 = VA0B2

0∕𝛼 in the asymptotic region outside the current sheet. To relate these values of S∥ to
plasmas in the magnetotail, we consider the background (i.e., lobe region around the current sheet) density
nlobe = 0.2npeak, with npeak being the peak density in the current sheet. For the magnetotail, npeak ≈ 0.3 cm−3,
and thus, nlobe ≈ 0.06 cm−3 [Pritchett and Coroniti, 2004]. For a typical magnetic field B0 ≈20 nT in the lobes,
the corresponding Poynting flux of the lobe field is Slobe ≈ 0.58 ergs cm−2 s−1. Given that the normaliza-
tion unit S0 = Slobe, it is then estimated based on the simulation data (Case 4) that the peak Poynting flux
is about 0.4S0 = 0.232 ergs cm−2 s−1, which is located at about 1di away from the current sheet center.
Nevertheless, for the general 3-D case with multiple X lines (Case 1), the peak Poynting flux is estimated of
0.09S0 = 0.0522 ergs cm−2 s−1, which is much smaller than that in Case 4. Therefore, the presence of multi-
ple X lines may reduce the net Poynting fluxes in KAWs generated by reconnection. Angelopoulos et al. [2002]
examined the parallel Poynting flux and particle energy flux during the tail reconnection on the basis of satel-
lite observations. They found that the peak parallel Poynting flux is about 0.1 ergs cm−2 s−1 outside the current
sheet around reconnection site. Our simulation of Cases 1 and 4 is generally consistent with this observation.

Although we have only conducted a detailed analysis for the relation between KAWs and the whistler struc-
tures in the case with By0 = 0, the results should also be applied to cases with a small, finite guide field By0.
Figure 18 indicates that the resulting structure for By0 = 0.1 is very similar to that for By0 = 0. Our simulation
have shown that KAWs are present under a broad range of By0. Nevertheless, it should be pointed out that
the investigation of whistler dynamics is limited in the hybrid model because the electrons are assumed to
be a massless fluid (me = 0). The electron kinetic physics is not included. Rogers et al. [2001] suggested that

whistler waves can be generated on the scale of de < 1∕k < dk < di, where dk = diVAk∕
√

V2
A + (Te + Ti)∕mi,

VAk is a component of VA, and de and di are the electron and ion inertial lengths, respectively. Such scales are
not resolved in our hybrid simulation.
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